for some primitive ideal Q of K[N]. Now, it has been shown in [13] that such a primitive ideal Q always exists, without any assumption on the primitive ideal P and on the normal subgroup N. The present paper is an attempt to derive some module theoretic consequences of this fact.
In the first section, we show that, given a primitive ideal P in the group algebra K[G] of the polycyclic-by-finite group G and given a normal subgroup N of G, then there is at least one irreducible right K[G]-module V with annihilator P such that the restricted module VN is completely reducible. In fact, we prove slightly more (Theorem 1. In terms of the Jacobson topology, the above result yields that, after removing at most countably many closed subsets from Priv(R), any primitive ideal of R has a dense G-orbit. Of course, this does not say anything if the ground field K itself is at most countable. But if K is uncountable, then the result can be combined with a recent theorem of Farkas [4] . Our notation will be as in [15] . If not explicitly stated otherwise, G will always be a polycyclic-by-finite group and K will denote any commutative field. Rings are associative and have a 1, ideals are two-sided ideals and modules are understood to be unitary right modules. Suppose r is a group acting as K-algebra automorphisms on R. Then R is said to be r-prime if and only if the product of any two nonzero r-stable ideals of R always is nonzero. A r-stable ideal I of R is called r-prime if R/I is a r-prime ring. In the case r = <a> we write a-prime instead of <a>-prime.
be the center of the simple Artinian classical ring of quotients of R/P, that is 5JC(P) = '_('2(R/P )). Thus the heart of a prime ideal is an extension field of K. If R = K[G] is the group algebra of the polycyclic-by-finite group G, then the field extension 5JC(P)/K is always finitely generated, by [13, Theorem 4.4] or [12, Corollary 9] . Imitating terminology in [1] we make the following definition.
DEFINITION. The prime ideal P of the right Noetherian K-algebra R is called almost rational if and only if the field extension 'C(P)/K is algebraic.
In the case R = K[G], any primitive ideal P of R is almost rational. This follows from the fact that SC(P) is embeddable in EndR(V) for any irreducible R-module V with annihilator P, by [ (i) If P = (P n R)S, then a in its action on 92(R/P n R) is an outer automorphism for all 1 7# 0.
(ii) If I is an ideal of S such that I D P, then I n R DP n R.
PROOF. (i) Replacing S by S/(P n R)S
(R/P n R)a[t, t-1] if necessary, we may assume that P = (0). Let 2 = 2(R) and 9 = 2(S) denote the classical rings of quotients so that 2' c 2, and suppose some power al, 1 # 0, acts as an inner automorphism on Z'. Then there exists a unit q E 2' such that q-lrq = r 'holds for all r E 2'. In particular, all a-conjugates q , i E Z, commute with each other and with t' and the elements qa l = (qt)a E 2 centralize B;. Hence y = qtlqat'-*qa' t' = qqa ..qa t also centralizes 2'. In addition, y commutes with t soy is central in 2. Since y is clearly transcendental over K, we have a contradiction. Therefore, all powers a1, 1 =# 0, act as outer automorphisms on 2'.
(ii) If P =# (P n R)S, then the result follows from Lemma l.l(iii). Thus we have to consider the case P = (P n R)S. Again we may assume that P = (0). In particular R is a-prime and semiprime, by Lemma 1.1(i) and (ii), and hence the regular elements of R form a right Ore subset C, of R and of S (see [ (ii) There exists an a-stable ideal I = I(P) of R with I' 2 P n R for all n and such that any right ideal X of R with X D P n R and XS + P = S contains some power I. PROOF. After factoring out the ideal (P n R)S of S, if necessary, we may assume that P n R = (0) and R is a-prime, the latter by Lemma 1.1(ii). If , we obtain that Y n S = X. Now G certainly acts on 6A and 5, and our assumption on X can be expressed as n gEx = (0), whereas our assertion, as modified in the first paragraph of the proof, becomes ngE GYg = (0). Assume by way of contradiction that ngE Gyg is nonzero. Then since 6t is a G-prime ring and n gE GYg is a G-stable two-sided ideal of 6i, we could use Lemma 1.1(i) to conclude that there is a regular element in ngE e G yg. But as we observed above, R is finite dimensional over K and so 6A is finitely generated as a right S -module and hence is Noetherian as a right S -module. We can therefore apply Lemma 2.2 to obtain that n Yg n (0). 
Therefore, the lemma gives Id(XK[G] + P) = P, that is P is the annihilator of the K[G]-module V = K[G]/(XK[G] + P). Clearly, V D K[N]/X = W and V = 1geG(K[N]/X)g.
Hence VN is isomorphic to a direct sum of G-conjugates of W. Of course, V will not be irreducible in general, and we do not know whether or not V must necessarily have a composition factor with annihilator precisely P. Such a composition factor, considered as a K[N]-module would also be isomorphic to a sum of conjugates of W. One case at least is trivial, namely the case where P is AP-controlled and maximal, for then any composition factor of V has annihilator precisely P. So we may state the following COROLLARY 
Almost fixed point free group actions. Throughout this section G will denote a polycyclic-by-finite group. Let F be a group acting on K[G]. Recall from ? 1 that an ideal P of K[G] is said to be F-prime if P is r-stable and if AB c P for F-stable ideals A and B of K[G] implies that A C P or B c P. By Lemma 1.1(i), any F-prime ideal P of K[G] is semiprime and in fact can

Now 2/P12 is canonically isomorphic to the ring of quotients 2(K[G]/P1) of K[G]/P1 (see [1, Satz 2.10]) and hence %(2/P12) is the heart of P1, 5C(P1) = 7(2(K[G]/P1)).
But the latter is known to be a finitely generated field extension of K, by [ 
